Wihler metrics

X covn)o. man.) J comp. Struct. Y riemannian metric on X.

is hermirian s %(3’0(, Jp)=9(a,p).

ASsociared 2-corm W, V)= %(SM, v), =4 =
= WM, V) = -wlv,un). ASsociated hermitian metric:
= a-iw, d=TReh  w =-Tmh.

W(Tae, 5v)= 9 (T, Tw) = - 9 (M, Tv) = -9 GQu,3*r) =

=0 (T4, V) =w(um, V).

K'Q'MQP cOnc]i'tion: ‘3 1S KBMQI“ I Jw:O.

Remark: % ~—> V¥ (LC connection). For KBHQF 7.
dw=0 <>V J=0.

PPOF.: 23 ()(,IM 1S K’a’Mer HY)J Y Y cOm)o. Sul:man. of X)

then (Y, &)y) is Wahler.

Proos: i: Y= X inclusion= di*w, =i*dwx =0 and

L*wx:w)/. O

Ex.: sTandard metric on CN is Kishler.

&: %z;i J‘Qé ®J§3 = ?;;(dxacodxa id‘&‘S@J%&)ﬁ'
— 2 J&g/\dﬁé.
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Remark: & Kihler <= & is “euclidean up to scalar order
In Correct coor'ci. SSSTem.
Ex.: (I:”//\, ok A=2N.
Ex.: Fubini- Study metric on PV:
w:£,93|og|&l?’J 2=[:.. &1
$ holo = lo\qol%l" harmonic = w is well des.
Golob 15* = lob s § = lob§ + lob § + constant =>
33boplsI* =33 (lok & +lo $)= 23 log § -—’aalog} =0-0=0.
Ex.. X cpt Kshler =l odd Betti numbers are even.
HOJ%Q X Conj. "mear ma3 ‘*':\QF"}(X) '—%\QN-P"‘H} (XXJ

XA =%, i, [3)=Sxo(/\'>\-<(3.

Comp\ex ‘ap(acian
d=2+3, >* adjoint ot 73, By=dd gt (d*= ),
Az =933"+73%3, Ng=233"+23%3 , &7 acl)oint of o
(the aJJ'ost are taken w.rt. h).

Thm: X cpt Kihler = Ay=2a5=2A,.

T hm.: Harm% (X)= @zﬁHarm%’*(X).

Proos (0 Second thm.): 1) Z-Harm%’*(X) is direct because
e4(x) = @eM(x).
2) Ad =2A5, So Aso=0 = Ay =0, hence 2 olc.
B)SuPFose AJX=0, o :2,»:3& ol %, a1t eett(x)
Ado(‘ 0=A3d =O=:>(A% ccf()“"’r =0 ? Ax af™%=0. 0O
K \VWGhler

Note: Harm{’q(X) =H8rm§"1(><).

Cor.: is X is cpt Kémer‘, than the odd Betti numbers or X
are even.

Pr‘oo{: Hﬁ(x) C) gHS\"M%(X} < @ _;QHGFM%)% (X).
Le & is odd, use the rord. | OO





