Nim. (dell'ultimo teo. della lezione scorsa):
sappiano che o <f ELNOGN, [0, )] S SUPE] (X 1Y s
< SUPETIXMI+ & <t =
= "BOON,[0,8])<Heo P-gie. =
— |P~o1.c. D (X, N, Ta,¥])<+eo Va0 €@ )Q<Qr =
= limiwe Ko = limsuP X P- .C.; infaftti,
Se " limINE X (wy < limsup Xalw), Jo,vec Q..
l(m,LNEWXM(w)<o.<'5vfr<limsup><m(u)) =
= DX W), N, [a, 1) =+eo.
A“om limxm(w) esiste in R =
- |iv:{ 'Xm(u))\ /I 1 Joy+oa], Per Farou)
EJ li 1X ol ] < limunF ELIXA]SSUP ELIXAJ <+oo,
windi lim X\ € ° inteprabile. OO
Possiawm anchem c]ir‘e che 'i_mmxm=)<k in LQ No.
Es.: sitno (Bt)iy, BM, “Gfkm) M =24 (dABx —a%/2).
Bn=2 Bi-Bie) = limINF Bp="09, imsup B, =+00

A ] ~——V " Mm —»+og m—=>4c0
A=Y . g
'mc‘u. jussiane

fP—ol.c.. Allora (M‘,X,.)Me,N soddisea le ipotesi c’e( teo.
Hdm-ﬂ 0 \\mgo und Solltofuce. =2 l\g\ MNM?'O P- .C..
Non pus essere limite in L‘,alr??me%? 0=F] I%\“Mr\:{}:
=(Lm E[Ma =1

Es.: s2=[0,43, B(L0,1), Sn= o ([43™ @n)7™) | =0, 21),
/.L misura d; YPO\D. su [o,1]. Poniamo Xm(w)=2"}u([=&f"‘,(>&n)f‘"))
S We [Ra™, (e T™), XW(1)=0.
Ex.: con IP:LQBQS%IAQJ (XM)MGN e mirt., E[XM]T-{.

Se p=8, Xo=0, Am—>0 P-q.c. m3 non in L'
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Uni#orme mte%r‘al)ili‘cfl' Q teoremad Ji \/ita'i
Be#.:una £amj |ia (X,;,);q 3 V.4, rea'i e JeTra uni€ormemente

mrekériﬂgle Se )\“_L“WE&PEHXJ‘1(§\><L|7>\§3=0-

Oss.: se (X;),;el-.: (XY, A inre%r*a\:ﬂe)allora e unif. inregr‘a\oile.
Se (XL)LGI & unit. nt., %é)lP[E[|>(;|]<+o<>_

L emma: (Xi)ier & wnig. int.<=> & lmitarain L' e Vero 3550
1.c.YAek , P(A)<S allora ELIX:|-Nal<e Yiel.
bim.: (=) limitata ok Dato £20,8i3 \>0 t'°°%gf['X“'1|§\X;(>>§]<§-
Se P(A)<8=E E[IX:i|4la] <
SEDXU'“A(\{\X;\@\&I + E[|XL|'1'{lx;\7>\}]<
<>\(P(A)+_£z. Y )\8+% =¢.
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Bato ¢ >0 troviamo $70 ¢ >\=2§(€J]P El XD =

= ELIXil A jyony 15 O 2’
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Teo. (Vital): sia (Xm)men unic. int. e converkente in ?ro)o. 3 X...
Allora Xeoel! e lim E[I1Xn—%el] =0.
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Dim.: no. O

QSS.: 3Q (Y'&3%€j Unif. im'.) (X,;),;e} ‘c.c.\/i,el 3%6'& t.C.
|X;| < \Y%\) allora (Ki)se1 unif. int.; inFatt Jato \70
EL Xl Ngxmng SSEL YAy o 3

OSS,: Se )(,,\E*Koo, al’ora (XM)MGNU{M} e unif. int. (ex.).
E <. sia Xell(s, 5,P), allora (EL XI %l) < mé unif, int..
Osserviamo che IIE[X\ Q]'S(EUX\ \CA lnoltre) .

[E[(E[lxn%l.1|sL[E[|></lhl‘é177\i l
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P(AY< E[ELIXI ]C&'Ajl =E[IXI[T. Siccome (X) & unis. nt.)
N N

Jate €20 3 N(E) t.c. ELX[I/ne< SLi—ga\/ N> A(E)
E DX Ui gy ong <€

_reo. (MM)MGIN mirt.. TFAE
1)}!;'_ng M, esiste in L4)’
2) 3 Mol tc E[MoolFm]=Mmn P-qc. ¥ m
(I3 mart;ngala & chiusd dd Moo);
3) (Mm)men & uni€. int.. Pegc
Oss.: se valgono 1),2),3), allora SUPE (MulJ<te0 ¢ Ma—> Mo,
b?’fb [0,2),3) Vall&ono se 31’l>1 t.C. SRPE[‘MM(T‘_] <+t oo, Per‘ché
Lebesguel (M) m ey ¢ dominaty da sxP\MmleL'”e Mapta M el
Dim.: ) =2) Se IM, =lim M, limite in L' (088, Moo € ! (Bs).
FiSSB‘Co meN )va,';rm E[Mm 1 En)=Mu.
Oss.: E[ |E[X1GI-ELY) §3] SELIX=Y1]. Allora
Mm==Meo = E[ Mol 5n] = M.
2) =>3) Msz[Mool &m]) (Mm m €N < ([E):MOO( %}) %§}~=ﬁ>
= (Mu)menN unmé. inT.. "
3) = 1) (Mm)mew uni £, iv\t.?.S%)\P EUMM(<+£~°] —
= lim Ma=Moo P-4 'S EL IMa—Moo[1—=0. O
Es.: Sid (I‘TM),::_,N mart.. A“ora leWMM:M~“ esiSTe (P—q.c.
ein ! e coincide con E[Mo | 3], 5'W=MQ—N5M'
Ineami: Ma=ElMo| 3, 1= (Ma)pen € unif. int..
La convergeY\E’cl o\.c. ¢ lo Stresso ar%omento Uug3ato \oer' i'
\in\'tQ 3 +oo. Vitali =>~!'\_anMm=M-oo 3te Pfol.c..
M_oo & misurabile risperro 3 5, Yms0 = & 5__-mis..
Sia Ac & oo ©5p<¥, . E[Mﬁ-ﬂA]:E[Mm'ﬂA] =
=M-w=E[Ma] 3.0 . HP'JI'.DAIA]

Cor‘.: Sid (Xm) T V.9. Jommate da \/6),4([(3) e XM—%X (P-o'.c.)

m=(
e (X,), siltrazione. Allord EL Xl 3ml—=E[ X Feol
n ! e P-g.c..

im.: no. O

PBSSi‘c)mo 3 Tempi continui: (M) g, mart. <.c. E%IE[\MA]«oo.
Dite £20 Poniamo Mt—:‘-liv_\;\t_M;, e My+ ana\ogo. ’
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Teo.: Se (Mx),t e mirt. |im., allora [P-q.c. 3 Mx‘, Mk* NT.
Dim.: no. O
Vale che: Vt P-qc. My =E[ M+ |5, Me-=E[ Mz 3¢-3.
Te0.: 3¢ (31t Soddisea le iporesi dbiruali allors 3 madiricazione
(i‘v’\x)b,o Ji (M), o mare. limicata in 1! che ha traiemarie caJlag.
im. : no.
Oss.: (/‘7lx)t7/o e mart.. Y1 [qu.c. My =Ms e

cio€ 3 meno Ji un inSieme B‘t-TrQScura\:'\\e

E[Mt(lf'm]:lli[f"'\xlfm:\.
N;A:'Mb
Teo.: Se (MI)I;Q € mart. caJal e 3 +ce>C>0 cosT t.C.
¢sTt<ce tda dllors ELMsI=E[M,L.
Se (Mt)t7,o & unif. nt., |o Stresso vale VSST\QW —r.J.a.)

Jove Moo =Jmme.
Nim.: no. O





